In this article, the separability of real normed spaces and its properties are mainly formalized. In the first section, it is proved that a real normed subspace is separable if it is generated by a countable subset. We used here the fact that the rational numbers form a dense subset of the real numbers. In the second section, the basic properties of the separable normed spaces are discussed. It is applied to isomorphic spaces via bounded linear operators and double dual spaces. In the last section, it is proved that the completeness and reflexivity are transferred to sublinear normed spaces. The formalization is based on [34] , and also referred to [7] 
The notation and terminology used in this paper have been introduced in the following articles: [2] , [4] , [8] , [26] , [20] , [21] , [13] , [9] , [10] , [22] , [1] , [25] , [24] , [15] , [19] , [6] , [11] , [23] , [17] , [32] , [33] , [27] , [28] , [29] , [30] , [31] , [18] , and [12] .
Separability of Real Normed Space
Let X be a real linear space and A be a subset of X. The functor Sums Q A yielding a subset of X is defined by the term (Def. 1) { l, where l is a linear combination of A : rng l ⊆ Q}.
Let us consider a real normed space V and a real normed subspace V 1 of V . Now we state the propositions: 60 kazuhisa nakasho and noboru endou (1) TopSpaceNorm V 1 is a subspace of TopSpaceNorm V .
Proof: For every points x, y of MetricSpaceNorm V 1 , (the distance of MetricSpaceNorm V 1 )(x, y) = (the distance of MetricSpaceNorm V )(x, y) by [28, (16) ], [19, (28) ]. (2) LinearTopSpaceNorm V 1 is a subspace of LinearTopSpaceNorm V . The theorem is a consequence of (1). Now we state the proposition: [15, (16) , (20) ], [19, (5) , (17), (4)]. Let us consider an additive loop structure X and subsets A, B of X. Now we state the propositions: For every objects
If A is countable and B is countable, then A + B is countable. The theorem is a consequence of (4). Now we state the proposition: 
Proof:
∈ the support of l 2 , then $ 2 = 0. Consider l being a function from the carrier of X into R such that for every object x such that x ∈ the carrier of X holds
Let us consider a non empty additive loop structure X, subsets A, B of X, and a linear combination l of A ∪ B. Now we state the propositions: (ii) for every element x of X such that x ∈ the support of l 1 holds l 1 (x) = l(x). The theorem is a consequence of (7). Now we state the propositions: (ii) rng l ⊆ Q, and
The theorem is a consequence of (6). Suppose A misses B. Then Sums Q A + Sums Q B = Sums Q (A ∪ B) . The theorem is a consequence of (9) and (10 (15) Let us consider a real normed space X, and a sequence x of X. Then Sums Q rng x is a countable subset of the carrier of ClNLin(rng x). The theorem is a consequence of (13) and (14). (16 (ii) rng m ⊆ Q, and
The theorem is a consequence of (16). 
Basic Properties of Separable Spaces
Let X be a real normed space and x be a sequence of X. Let us observe that ClNLin(rng x) is separable. Now we state the propositions: 
